The proof of this theorem relied on the main result of [1] , which unfortunately overlooks one extra case. However, our Theorem 1 remains valid in this case.
For the reader's convenience, we reproduce the correct version of the main result of [1] as follows. In this formulation, a finite classical group means any group lying between the isometry group I (V ) and its commutator subgroup I (V ) , where V is endowed with either the zero or a nondegenerate orthogonal, symplectic, or Hermitian form; furthermore, I (V ) is assumed to be quasisimple.
Theorem 2. [2]
Let G be a finite classical group in characteristic r. Let p = r be a prime and g ∈ G be a non-central element such that g belongs to a proper parabolic subgroup of G and o(g) is a power of p. Let Φ be any absolutely irreducible representation of
) one of the following holds.
The case (vi) of Theorem 2 is the extra case that has been overlooked in [1] . The aim of this note is to show that the conclusion of Theorem 1 holds in the extra case (vi) of Theorem 2. In fact, we will prove more. 
The rest of the note is devoted to prove Theorem 3.
. . , e n−1 F q 2 and e n F q 2 . In particular, g = diag(g 2 , γ ) in the given basis, with γ ∈ F q 2 and γ k = αβ. Furthermore, C GU n (q) (g)G = GU n (q), so without loss we may assume G = GU n (q).
Observe that
, whence the equality holds by Theorem 2. Thus we are done if Φ is a Weil representation. From now one we will assume that Φ is not a Weil representation. Replacing g by γ −1 g, we may assume that g = diag(g 2 , 1) fixes e n , and so o(g) = |g|.
2.
Here we assume p > 2. Then we claim that one can choose an orthonormal basis of U such that g 2 = diag(g 1 , . . . , g 1 ) and g 1 is an irreducible p-element of GU k (q). Indeed, consider any eigenvalue λ of g 2 . Then λ p b = α and so |λ| = p b+c . Since p > 2, it follows that λ is a primitive element of F q 2k over F q 2 and so it has the minimal polynomial f (t) := t k − α over F q 2 . Hence g 2 has the minimal polynomial f (t) and the characteristic polynomial f (t) (n−1)/k . One can choose an irreducible p-element in GU k (q) with the characteristic polynomial f (t). Up to conjugacy in GU n−1 (q), we may now assume that g 2 = diag(g 1 , . . . , g 1 ) .
Next we claim that we may assume n = 2k + 1. Indeed, n 2k + 1 by assumption. Assume n > 2k + 1. We can embed g in a standard subgroup H = H 1 × H 2 of G, with H 1 GU n−2k−1 (q) and H 2 GU 2k+1 (q). Consider any irreducible constituent Φ 1 ⊗ Φ 2 of Φ| H with Φ i ∈ IBr (H i ) and dim(Φ 2 ) > 1. Such a constituent exists, as otherwise Φ is trivial on the perfect group SU 2k+1 (q) and so dim(Φ) = 1, a contradiction. Notice that g projects onto the element g = diag(g 1 , g 1 , 1) and
Assuming the theorem holds in the case n = 2k + 1, we conclude that Φ 2 is a Weil representation. Thus any irreducible constituent of Φ| H 2 is either of degree 1 or a Weil representation. By [3, Theorem 2.5], Φ is also a Weil representation, contrary to our assumption.
In the case n = 2k + 1, it is not difficult to show that g stabilizes a k-dimensional totally singular subspace W of V . and let μ be any eigenvalue of g 3 . Then μ 2 = α and μ q+1 = α (q+1)/2 = −1. In particular, μ −q = −μ. It follows that g 3 has two eigenvalues ±μ on U and, moreover, the corresponding eigenspaces are totally singular. Hence n = 2m + 1, and g stabilizes the m-dimensional totally singular subspace W , where W is the μ-eigenspace for g 3 .
4.
We have shown in Parts 2, 3 that we may assume n = 2m + 1 and g belongs to the parabolic subgroup P := Stab G (W ), where W is an m-dimensional totally singular subspace in U . Recall that for Q := O r (P ), Z(Q) is an elementary abelian r-subgroup of order q m 2 .
Here we consider the case n 5. As shown in the proof of [3, Lemma 12.5], P has m orbits on IBr (Z(Q)) \ {1 Z(Q) }, labeled as O j with 1 j m. Moreover, one can identify O j with the set of Hermitian m × m-matrices of rank j over F q 2 (and the multiplication of characters corresponds to the matrix addition). By [3, Theorem 2.6], Φ| Z(Q) has to afford some P -orbit O j with j > 1, since Φ is not a Weil representation.
We claim that g has some orbit of length p b (notice that g p b = h acts trivially on Z(Q)). 
5.
Finally, consider the case n = 3. Since n 2k + 1 5 for odd p, we have p = 2 and q a Mersenne prime in this case. As shown in Part 3, one can find a hyperbolic basis (u, v) of U such that g = diag(λ, λ −q , 1) in the basis (u, v, e 3 ) of V . Recall that g ∈ P and Φ is not a Weil representation. By [3, Proposition 11.3] , Φ| Q contains a nontrivial linear character of Q. One can identify the set of linear characters of Q with F q 2 , so that g acts on it via multiplication by λ. Hence g acts regularly on the set of nontrivial linear characters of Q. Consequently, d Φ (g) = |g|.
The proof of Theorem 3 is complete.
